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Abstract In this paper, some lattice-theoretical properties of the lattice [V N PV, VN
PV] are studied. It is proved that V* N PV is the join of V and VNPV and
Wn(VvVtnPV)=(WnV)Vv(WnV*tnPV) for all varieties W, V of completely
regular semigroups. In particular, some conditions for the equation V™ NPV =V to
be true are obtained.
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r(yz) = (zy)z, z=xz 'z, (e H =z, azz7'=2"'2
CR WA TR & XA MM e 2% L(CR).
AR IE S

T(p): RKFEFTA (0E) FR, o HERR, T: FJLEEE SL 8K, CS: 5%
AR, O ZNERSEIENEREFE, NBG: BERIEMURE, BG: BERVHE, E(S):
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ER B ARSI H
VEEITARRAL FREHRGEBERO AR, K 300400




728 * s s i 11%

S RmEITES, [(ua=va,a € Al HERX vy = vo (o € A) ZIRNAY T2 IE N T

%‘A S S CR) a; € S (Z = 1727"' an)' <a17a2)"'7an> %ZT_\‘EH ai,az, - ,0an /EEEEB/‘J%%IEDIU
TR w TR w =u

TS A E M RERER T (WL [1-4)), 23 HEIM L(CR) 1saT (). O, (), P:

V={SeCR:S/reVVSL}, V= _n_W,
W=v

Vt={SeCR:S/ueV}, PV={SeCR:eSecV, Veec E(S)}

L FET o — o N E () WAT, MRz <y=2" <y, z<az*(z>z"), () =
x*(z,y € L).

BT () 2t L(CR) E’JJ:I?H%‘? (1, EH 1] 5y el () 2 L(CR) B TS, HXHE
BVELCR),H )=V, (V)=V; ()" & LICR) iy LIASIT [2, & 3.2; P& L(CR) iy
EPASET [3, A 4.1].

TR 2T T A LA R

SIEE 1[1, 5[# 4] & W e L(CR), Wl SLCW K HLY W £ CS.

RN & X RHZR, G ks

|38 2 % Vi, Vo € L(CR), M| ViV Vo ={S: TF#E S1 € Vi, Sy € Vo, St x Sy H—5E21E
M8 R F— MRS ¢ R — S}

3 3 XV € L(CR). %SGCS HScVVSL N ScV.

WA Y4 SLCV R, 45k X4 SLZV I, I 1AV CCS. FlT3E 2%, 7
Y eSLTeV,YxTH—ATIENTFE R, fl—MlFEE ¢: R— S. Y xT fEeH
B {0} x T, % a € V. &HE R = (Z:Ry), Hift 2 1Y (TR, Ro J {0} x T i34 5T
kB, WM Ro € V. W ar,a,--,a, €85,% b € R, a; = bip, e; = (bib1by -+ b,b;)°, ¢; = e;bie;
(i=1,2,---,n). bFEaeZ,fc,e Ry (1 =1,2,---,n). HMA (c1,ca,,cn) C Ry €V, T
LI (c1,c0, -+ cn) € V. XHHN ;0 = (a;aras -+ ana;)? = a2, H cip = (eibie;)p = ala;a? = a;,
A (a1,a2,- -+, a,) = {c1,c0, -, cn)p € V.

FHGE T S BB MARARM S EN TR E T V, B S e V.

513 4 [4, 18] L(CR) 2.

G35 ix W,V € LICR),

WV, SLCV,
WN(WVVSL)={ WnV, SLgZV, SLZW,
(WNV)VSL, SLZV, SLCW.

WEEA 4 SL CV i, SRR, 2 SLZV, SLZW i, W53 15 V,W C CS.
BRAEWNVCWN(VVSL). gk, #SewWn(VvSL), MEEFE 3 SewnV,
MEEWMAL; 24 SLZV, SLCW i, H5IHE 4 M5 mAEL.
SIEE 6 [2, BHE 3.9] &V = [uq =va,a € A, M VT = [ud =10, (zuqy)’ = (zvay)°, o €
Al.
] S|¥E 7[5, BH 24] KV = [ug = Vo, € A, MV = [e4TallaTaCa = €alalalaa, @ € A,
HP 0 ¢ B(ua) U B(ve) C Blea), 0 € A]. B(ta), B(t), Elea) 5HIFT thar v e &I
TSRS, za A—PEEIT.
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B|FE 8 6, EH 6.2] &V e L(CR), | P(V) = PV.

2 FRERRHAHA

EHL 1R V,WeLCR). ZVINPVCWCVINPV,MVVW=VtnPV.

B HEE VI NPV CVVW. & SeVinPV, Il S/reVtNnPVVSLCWVSL,
SipeV. BF rnpu=¢ HM S 2 S/75 5/uREMR, Hif SeVVvWVSL.

M RME DL

() #ZSLCV, M SeVVWVSL=VVW;

(i) Z SLZV, MEsFE 1MV COoS, FHim Vvt CCs, PV CCS, Hii S eCS, HH5
FE3H S eV VW, JEE.

L(CR) REHTHE, FX W (Vivie) =WnW)vWnVy) —AaL, HEA

T 2 W, Vel CR,NGEWNVVYVINPV)=WnV)v(WnVtnPV).

B HEEWN(VVVENPY) C (WNV)V(WNYTEAPY). #SeWn(VvVtnPY),
HEH 1M SeVInPV, HMS/peVnW,S/reVrnPVVSL i F rnpu=c¢ LS
=S/ 5 S/uRER, Hifii Se(WnV)Vv[Wn W +tnPVVvSL).

AR i

() & SLCVIAPV, MEHKSec(WnV)v(WnVtnPV);

(i) & SLZVI NPV, SLZW, NHFIF 5 KSF3H Se (WnV)Vv(WnVEnPV);

(i) # SLZ VNPV, SLCW,SLCV, MHABFE S M S e (WnV)v(WNVENPV)V
SL=WnV)yv(WnV*tnPV);

(iv) #SLZVT PV, SLCW,SLZV, MHEBIHESH Se (WnV)vV(WNVnPV)V
SL. BHEIF 1MV CCS, Hlii vVt C S, PV CCS, THVTnPV CCS, A S e CS, f#
HEF 3 Se(WnV)Vv(WnVtnPY).

ZEpR, EWn(VVvYEaPY)=WnV)v(WnVtnPY).

EIE 3 & V,W e LICR), NI

WNWV)VWNVEAPY)=WnV) I n(WnVvV+nPV).

EBA BARE WV C (WNV)TN(W N VN PY), BE WNV NPV C (WNV+NPY),
WNVInPVCWNVINPVCWnNVECWnV)T, Jlfi WnNnVtnPV C (WNV)tN
WNVEAPY). fill (WnV)v(WnVEtnPV)C(WnV)tn(WnV+nPY).

sk, # S e (WnWV)tn(WnVENPV)=WnV)*NnWnV+nPV, | S/ucWnV,
S/re (WVSLYN(VTNPVVSL). HF rnpu=c¢ B S & S/r 5 s/u BRER, HI
Se(WnV)VI(WVSL)N(VENPVVSL)])=WnV)v(IWNnYTnPV)VSL (xRE K53 5).

A1 LA LT

()% SLCW,SLCV,Hfi SLCWNV,Hiii Se(WnV)v(WnVtnPV);

(i) 4 SLZ W 5 SL €V i, HE[F 15 W C CS 5 V C CS, NeHfFFEd, H4
WV C oS, Jliit (WnV)T CCS,[Hli S eCS, HEGHE 3 S e (WnV)v(WnNV TN PY).

ZERFR, H (WnV)V(WNVEAPY)=WnV)Tn(WnV+nPV).
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HEW VNPV, HEHE 1, €2 MEH3IHMW =wWn(VINnPV)=WnVVVInPV) =
WAt WnVitnPV)=WnV)*n(WnNV+NPV). fHH5IH 6 fI53H 7, &

T4 HZWCVINPV, HWNV = [uy = va,a € A, WNVFINPV = [s5g =
tg, 8 € B], W W = [ug = 00, (zuay)? = (zv,Y)°, @ € A; egrgsprpes = egrptprges, HA
x5 & E(sp) U E(tg) C E(ep), B € Bl.

S0, (2] ISR EERA T — MR (2 V = 0).

3 ik

M5 ER 2 AR FER I, wiE

Wit 1 & W, V,W, € LICR). #VInPV C W, CVIAPV, Ml Wn (VW) =
(WAV)V(WnW).

HEM 1, A

Wit 2 FXV=VT"NnPV {IMRERNFZEV OV NPY.

Wig 3 H#PV)=V, M V=vVtnPV.

EBA RIS, G VNPV =VINP(V)=VIinV=V. lfV2o2V =V+tnPV,
FEES 2%V =VnPV.

[2] FFIZER: #F NBG CV C PO, IV =VTNPV. FTHERERZE NBG CV C PO,
MV = PO, &M P(V) = PPO = PO =V, TR 3 #)T [2] PRYXA4E

(1) %, H T = B (B %), CS = PO. 7£ [3] 1, & P(BG) = BG. XS H AL
3 AIE NERLAMES.

#Wi24 FVCB NMV=VInPV.

Wit 5 ZCSCVCPO,NV=vVrnPV.

it 6 #BGCVCBG MV =VtnPV.
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