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Abstract The grading of crushed aggregate is carried out usually by sieving. We describe a new
image-based approach to the automatic grading of such materials. The operational problem addressed
is where the camera is located directly over a conveyor belt. Our approach characterizes the information
content of each image, taking into account relative variation in the pixel data, and resolution scale.
In feature space, we find very good class separation using a multidimensional linear classifier. The
innovation in this work includes (i) introducing an effective image-based approach into this application
area, and (ii) our supervised classification using wavelet entropy-based features.
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1 Introduction
1.1 The Civil Engineering Application

In terms of quality control the civil engineering crushed aggregate construction sector is relatively
underdeveloped, with only simple manual tests being applied to the end product. From a cost-benefit
perspective it is therefore essential that maximum economic value be obtained from the quarried stone,
which will require wastage to be eliminated from each stage of the processing chain. The quality of
the aggregate produced in terms of the consistency of its size and shape also has a major influence on
the quality (particularly in relation to workability and durability) of the concrete and blacktop mixes
subsequently produced.

Round or cubic shape aggregate particles have traditionally been considered the most suitable in
relation to meeting the needs of industry, although it has also been suggested that bituminous mixes
including non-cubic fractions can lead to better road pavement layer stability [8,16].

The development of a rapid and efficient means for classifying aggregate size and shape could
therefore enable the beneficial properties of an aggregate to be more fully exploited.

Aggregate sizing is carried out in the industrial context by passing the material over sieves or
screens of particular sizes. Aggregate is a 3-dimensional material and as such need not necessarily
meet the screen aperture size in all directions so as to pass through that screen. The British Standard
specification (and American and other European specifications) suggest that any single size aggregate
may contain a percentage of larger and smaller sizes, the magnitude of this percentage depending on
the use to which the aggregate is to be put.

To monitor the range of size of aggregate particles produced from any particular screen, regular
laboratory testing is carried out. This involves sampling the aggregate from either the moving conveyor
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belt or alternatively from the stockpile produced. A sieve analysis test is carried out to assess the range
of particle sizes present in accordance with the specification. This test is time-consuming and therefore
only a relatively small fraction (2 kg per 400-500 tons) of the aggregate produced is ever tested. The
quality of the result also relies heavily on good sampling technique, which means that feedback to the
quarry operators can be slow and in many cases unrepresentative.

Certain shape parameters are also specified for particular uses, the most common being Flakiness
and the Elongation indices. These tests are also very labor intensive and time consuming, and are
carried out on an even more limited number of samples.

Systems based on individual objects (e.g. in quarrying) have been proposed [23,22]. The collective
particle analysis proposed by us in this paper is less usual. The sieving metaphor is not to be taken
literally in that small, fine particles would be obscured or pass quickly through sieve filters compared
to larger, gross aggregate. Our virtual sieve work assumes instead that imaging is carried out on a
production line conveyor belt with due attention paid to vibration (to avoid losing the small particles).
As exemplified in the following sections, a layer of aggregate is imaged, with the camera position
directly above the field of view, and with the layer of aggregate approximately covering the field of
view. Uniform light is used to avoid shadows. Some obscuring of finer particles is unavoidable but we
show experimentally that the overall system is robust and effective.

1.2 The Machine Vision Problem

An ability to measure the size and shape characteristics of an aggregate or mix of aggregate, ideally
quickly, is therefore desirable to enable the most efficient use to be made of the aggregate and binder
available.

This area of application is an ideal one for image content-based matching and retrieval, in support
of automated grading. Compliance with mixture specification is tested by means of match against an
image database of standard images.

For our work, the image data capture consists of an experimental environment which can be
replicated in an operational setting: limitation of 3D effects and occlusion; use of diffuse homogeneous
light; and avoidance of shadow.

For each class of aggregate mix, four separate samples were taken. Following each imaging, ran-
domization was carried out on the aggregate mix. To provide a good sample in the case of each image,
a subimage was extracted from a central region of each image. We took 50 images to represent each
of the following 12 aggregate classes, giving 600 images analyzed. A further set of 108 images (9 from
each class) was used for further testing. Classes were defined as passing: (1) 6 mm sieve hole diameter;
(2) 30/14 mix; (3) 50/10 mix; (4) 10 mm; (5) 14 mm; (6) 28 mm drb; (7) 40 mm; (8) 28 mm dbc;
(9) 20 mm; (10) 50-14 wc; (11) 35/14 mm; and (12) 50/10 dbc. (Acronyms used here: drb = dense
roadbase; we = wearing course; dbc = dense basecourse.)

Figures 1-5 show representative images from the first five of these classes.

Our objective is to create an image-based “virtual sieve” which, through image matching against
an image database of standard images, will provide automated grading. We use a feature selection
and multiple discriminant analysis approach, to support nearest neighbor (Mahalanobis metric) image

querying.

1.8 The Vision Model Perspective

For robotic and industrial images, the objects to be detected and analyzed are usually solid bodies. An
appropriate vision model for such images is therefore based on the detection of the surface edges (see
e.g. [4]). However diffuse structures are characteristic of many other fields, including remote sensing,
hydrodynamic flows, astronomy, and biological studies. Specific vision models are needed in each case.
Such a model could be one for which the image is the sum of a slowly variable background with
superimposed small-scale objects. In [20], a vision model is proposed where each pixel, at each level
of spatial resolution, with a value significantly greater than the scale-based background is considered
to belong to a real object. The same label is given to each significant pixel belonging to the same
connected field, both spatially and in-scale (i.e. inter and intra wavelet band).

For the present work on civil engineering materials, our vision model is as follows. For fine grained
material, image characterization is based on image entropy, determined by resolution scale (thereby



Fig. 1 Image from class 1. (We processed such an image as seen here, with non-influential “nuisance” regions
near the image boundary.)

Fig. 2 Image from class 2.

catering for gradation in granularity size), and by spatial region (thereby catering for more coarse
aggregate). Both spatial and resolution aspects are naturally implemented using a wavelet transform.

Furthermore given that smoothing takes place in the succession of band-pass filtered pixel data in
the wavelet transform, we examine statistically significant wavelet coefficients at each resolution scale.
Spatial (intra wavelet scale, and not inter scale) adjacency, only, is used to define (or more accurately
express the contribution towards the values of) object features. If it were necessary to analyze such
objects, individually rather than globally, then inter scale analysis would be carried out.

2 Feature Selection
2.1 Wavelet Transforms and Texture Features

A great deal of work has been carried out on automated segmentation of texture images since Cross
and Jain [5] took the ideas of Besag [2] and applied them to realistic textures. Such work is based on a



Fig. 3 Image from class 3.

Fig. Image from class 4.

Markov model of spatial context. The wavelet transform, being both a frequency and space transform,
provides another way to model local spatial relationships. The wavelet transform has been often used
to provide an embedding of the image in a multidimensional feature space. Furthermore, successive
wavelet resolution scales express increasingly large neighborhood correlation. A clear advantage is
offered by the wavelet transform (computation linear in the number of pixels, for a fixed number of
resolution scales) over Markov modeling (based on iterative optimization). In previous work [12-14]
we carried out image segmentation. Below in this section we will present our case for a feature-based
characterization of images, with no need for segmentation.

In Unser [21], it is suggested that co-occurrence matrices and second order statistics may be best
for segmentation of microtextures. The use of a wavelet transform for this purpose was first proposed
by Mallat [10]. A redundant wavelet transform provides translation-invariance, and can therefore be
of help in demarcating texture region boundaries. Unser [21] uses a wavelet frame filter bank, and in
each band a sliding B-spline window which is convolved with wavelet coefficient energies. Therefore
a windowed weighted average energy is used. The window size varies with resolution scale. T
( arhunen- oeve transform, or principal components analysis) is used for dimensionality-reduction.

-means is used for clustering. (We mention these because of our use of multiple discriminant analysis



Fig. Image from class

as an alternative, integrating supervised classification, and dimensionality-reduction for visualization.)
Markov spatial models are discounted by Unser [21] as being too time-consuming. Results on synthetic
mixtures of Brodatz textures are discussed in relation to known “gold standard” labeling. A wide-
ranging comparative study in [15] provides support for energy and for aussian-like properties of the
“filter” function (even if clearly such support cannot be universally applicable). A close variant of
energy is also used in [1].

Scheunders et al. [18] discuss multiband features, which they use with 3-band color data. In  ivens
et al. [9], energy in different bands is used. This does not provide image rotational invariance and
for this a sum of energies over bands at a given resolution scale is proposed. Fatemi- homi [6] uses
window size related to resolution scale within which to define features, and she discusses adaptive
window sizes.

Our requirements include the following.

1. ike previous work, we will define features based on second order moments. Further we will discuss
the interesting special case where variance, energy and entropy are closely related: we show that
entropy equals energy divided by variance in the special case of aussian-distributed pixel values.

2. We wish to avoid the use of windows, for which the size necessitates the specifying of an extra
parameter.

3. We use a redundant wavelet transform because it avoids aliasing due to decimation, and, as noted
above, a spatial model (correlation between neighboring pixels) is naturally part of it.

2.2 Multiple cale Entrop to wuantif Aggregate ranularit

For fine grained image characterization we carry out a “texture” analysis, and the wavelet transform
is, by now, a traditional way to do this [6,10,9,21,18]. Our approach avoids any system parameter
related to window size; and the undecimated wavelet transform used helps to avoid object aliasing.

We now briefly describe the features used: they will be discussed later in this section and in the
following one.

We use multiple scale image entropy to quantify aggregate granularity. Using 5 wavelet scales, from
the B3 spline a trous redundant wavelet transform [20,19], an entropy-per-scale was determined,
and thus provided a 5-valued feature vector for each image. Among alternatives, properties of
importance for us include rotational invariance (we are dealing with potentially very different
types of texture compared to those considered by [15,1]) and a  aussian-like scaling function.
We additionally used 5 wavelet scales, with the same wavelet transform method, used on the edge
map, i.e. the image transformed with a Canny edge detector. In total, this provided 10 features
per image.



A Bj spline a trous wavelet transform gives the following decomposition of the original signal:

=12 = 1 =12 . is the number of scales, and is the number
of samples in band (scale)  which is constant for this redundant transform. Scale is the smooth
or continuum scale, and all other scales, =12 1, have zero-mean (per scale) wavelet or

detail coefficients. The value of is set by the user (here, 6, implying 5 wavelet scales) and, given the
dyadic property related to wavelet dilation, should be, at all events, log, . The Bs spline a trous
redundant wavelet transform does not favor any orientation, and being redundant avoids decimation-
related effects.

The feature set is defined from the resolution scale related decomposition as follows:

= =12 1 = () =12 1 1)

with ()= In ( ). Theprobability ( ) is the probability that the wavelet coefficient
is due to noise. The smaller this probability, the more important will be the information relative to
the wavelet coefficient. For aussian noise we have

2

( )= 37 Const. (2)

where  is the noise (standard deviation) at scale . If we were using a (bi-) orthogonal wavelet
transform with an 2 normalization, we would have = for all , where is the noise standard
deviation in the input data.

An initial approach by us to feature selection was based on an analysis of significant structures
defined in the following way. If one assumes a simple statistical model, such as a aussian one, it is
straightforward to determine the aussian parameters in the wavelet scales. ote that the wavelet
planes or scales are linear combinations of the original image pixel values, and that any linear com-
bination of aussian-distributed random variables yields a random variable which is aussian. While
thresholding based on this noise model has good theoretical credentials, we use this framework here as
a heuristic to distinguish between interesting and uninteresting signal. In our feature set of significant
structures, feature 1 was the percentage of significant wavelet coefficients at each scale. Significance
was determined from a 3 threshold. Feature 2 was the number of maxima at each scale. Feature 3
was the number of structures (connected components of significant wavelet coefficients) at each scale.
Feature 4 was the size in pixels of the largest detected structure at each scale. For 5 wavelet scales,
using the aforementioned 4 features, this gave 20 features per image.

Subsequently we bypassed this approach to use the entropy at each resolution scale, yielding
5 features per image. ote that the entropy necessarily uses a probability model for the wavelet
coefficients, and on heuristic grounds we used a aussian model.

2.8 arger Aggregate Characteri ation

We next propose an innovative approach to defining features based on coarse aggregate. arger pieces
of aggregate can be modeled using the “texture” oriented approach described above. We used, in
addition to the features used so far, a set of features designed to characterize larger pieces of aggregate.

The additional features were those used previously, determined not from the given image but
rather from the gradient image. The Canny edge detector [3] was used to produce the gradient image.
Stronger gradients, of course, are yielded by outlines of coarse aggregate, which motivates our use of
these features.

In all therefore, per image, we used 10 features.

Typically the edge finding, and entropy finding at the succession of resolution scales, for an image
of the dimensions considered in our results, below, takes 8 seconds on a Sun Sparcstation 10. The
entropy finding takes, typically, 6 seconds. Other operations considered below (assignment using the
most important discriminant factors yielded by a multiple discriminant analysis) are effectively real-
time.



2. Multiple iscriminant Anal sis

To facilitate assessment of discriminability between the classes in feature space, we used multiple
discriminant analysis (also termed discriminant factor analysis, or the multi-class version of Fisher s
linear discriminant analysis) [11,17]. Discriminating axes are determined in this space, in such a way
that optimal separation of the predefined groups is attained. As a linear discrimination method, we
expect that such problems as training set size, and generalization, will be less pronounced than for a
nonlinear method. See also Hand s [7] case for “simple is best” in regard to choice of classifier.

Consider the set of feature vectors, ; they are characterized by a feature set, . A new
orthogonal coordinate space is determined, such that the spread of class means in this new space is
maximized, while the compactness of classes is restrained. etting be the total variance-covariance
matrix of the observations, and  be the between classes covariance matrix, we seek eigenvectors of
the matrix product ! associated with non-increasing eigenvalues. It can be shown that multiple
discriminant analysis is equivalent to a principal components analysis of centered vectors, i.e. the
group means, in the ! or Mahalanobis metric.

Having the transformed feature vectors, i.e. their projection in the discriminant factor space,
allows straightforward nearest mean assignment of vectors to the closest among the 5 groups used. In
discriminant factor space, the (unweighted) Euclidean distance is used.

Implementation and  aluation

Figure 6 shows one example of the projected images in the principal discriminant plane, based on use of
5 classes. Classes 1, 2 and 5 are well separated. In the multidimensional space (inherent dimensionality
5 = minimum of numbers of: features less 1 due to centering; observation; and groups) the distinction
between groups 3 and 4 is clearer. This figure used 250 images, characterized in 10-dimensional feature
space. The first 5 features are the multiscale entropy ones described above. The second 5 features are
multiscale entropies based on a Canny edge transformed image. (See section 2.3 above.) For five
successive classes of image, among the 250 images used, we had numbers of images misclassified as: 0,
0,3,7,0.
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Fig. Principal discriminant factor plane, with pro ections of images from classes 1 to



Among the many experiments carried out, a few important points are as follows.

1. We examined the denoising of the image data prior to analysis. This was not found to be of benefit.

2. Rather than the nearest mean classifier used in the multiple discriminant analysis, we also inves-
tigated nearest neighbor discrimination approaches (1- , 3- ); and a multilayer perceptron.
However the hyperlinear approach was found to give good results, and its operation was easily
controlled and managed.

3. We worked on rebinned 454 340 images, obtained from the originally sized 2272 1704 images.
We tested the processing of a battery of 600 images on the original 2272 1704 sized images.
Days of compute time on a Sun Microsystems cluster gave us an approximate improvement of 2
misclassification. We saw no justification in continuing to process the original images in this way.

4. We may note that as long as the misclassification in a class is shown to be less than 50 , then a
majority class assignment based on a number of images is likely to increase the success rate.

In order to study the needs for training and test set cardinalities, assessments were carried out
and are displayed graphically in Figures 7 and 8. Class A (test) corresponds to 1 (training), B (test)
corresponds to 2 (training), and so on. For Figure 7, five randomly chosen test sets (and correspond-
ingly randomly chosen training sets) yielded numbers of images misclassified as: 1, 0, 1, 1, 2, out of
30 in each case. Therefore we had an average 97 success on the test sets. In the case of the smaller
training sets and bigger test sets exemplified in Figure 8, an average 95 success rate was obtained
on the test sets.

Training set: classes 1-6, 55 images each; test set: A-F, 5 images each
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Fig. Principal discriminant factor plane, with pro ections of images from groups 1 to 6. The training set
made use of  images from each group. The test set made use of images from each group. Feature space
was 10-dimensional, de ned from multiscale entropy.

Specifications of mixes were, in this work, within standard bands. We have now started to extend
these results to ensure specification band coverage.



Training set: classes 1-6, 50 images each; test set: A-F, 10 images each
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Fig. Principal discriminant factor plane, with pro ections of images from groups 1 to 6. The training set
made use of 0 images from each group. The test set made use of 10 images from each group. Feature space
was 10-dimensional, de ned from multiscale entropy.

3.1 eneral Context nformation etrieval from mage atabases

While segmentation is an important objective (see our previous work in [13] or a general treatment in
[1]) we have sought to avoid image segmentation in the work described in this paper, on the grounds
of more directly, and computationally efficiently, addressing user needs.

Driven by generic multimedia database applications, there has been much work in recent years on
the theme of content-based image retrieval. Support has included cultural heritage and museum ap-
plications, and personal and journalist digitized photograph collections. uerying in generic database
applications has often involved used of color and object (sub-image) shape properties.

Retrieval from specialized databases (e.g. fingerprint databases, or astronomy image stores, or
Earth observation databases) has usually availed of specialized image features. Users of information
retrieval systems in these specialized areas are most often professional experts. Thus, for example,
Earth observation imagery is usually queried on the basis of well-defined external properties: dates of
observation, resolution scale of detector, geographic coordinates.

In the work described in this paper we are dealing with information retrieval support using a
specialized image database of engineering materials. In this context, we have proposed and evaluated
a range of general features, derived from the images. These features are defined from image resolution
scale-based gradient, energy and entropy properties.

Conclusions

We have tested a new image content characterization approach, with excellent results on images of
aggregates containing a wide range of object sizes and morphologies. Our algorithms, based on global,
overall features, are computationally inexpensive, and scalable. We have shown in our experimental
evaluation that these algorithms are robust and stable.

From the point of view of operational use in the difficult conditions of the construction industry,
care and attention are required in the operational camera and lighting environment, and in limiting
vibration effects, so that a comprehensive field of view is obtained.
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